




Kontsevich’s map

Kontsevich’s characteristic class gives a hom

I : H(G) → H∗(BDiff(D4, ∂);R)

(H(G): graph homology)

Theorem (W) Kontsevich map is injective

on trivalent part Htri(G) ⊂ H(G).

Rem. If Diff(D4, ∂) ≃ pt, then

H∗(BDiff(D4, ∂);R) = H∗(pt;R)

Thus, it suffices to check Htri(G) 6= 0.

Problem Compute Htri(G).
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4. Evaluation – graph counting formula

Z-graph can be counted if

• ξ1, . . . , ξ3k are generic.

• ind pi = ind qi +1.

→ n(Γ′) ∈ Z

Lemma (Counting formula) For k ≥ 2,

I ′(Γ) =Tr

(

∑

Γ′

n(Γ′) pi1 ⊗ g(qi1)⊗ · · · ⊗ pir ⊗ g(qir)

)

+ (correction term)

(g: chain contraction for Morse complex C∗(Fb0))
satisfies

〈I(γ), EΓ〉 = I ′(γ)(EΓ).

Rem. Analogue of T. Shimizu’s identity
Kontsevich“=”Fukaya.

Rem. I utilizes framing on fiber, whereas I ′

doesn’t. So we don’t need to find a vertical
framing on EΓ compatible with Vi’s.
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